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Quan hé song song

. Chimg minh duong thiang song song véi mit
phang.

. Chirng minh hai mit phang song song

CAU TRUC
PHAN |TT NOI DUNG CAC DANG TOAN Trang
1. Goc lugng giac
2. Gia tr1 lugng giac cua goc luong giac
3. Ap dung tinh chat cia GTLG
Ham s6 lwgng gidc 4. GTLG cua cac goc co lién quan ddc biét
1| vaphwong trinh 5 Tinpy 6i4 trj bidu thirc sir dung cAe phép bién déi | 112
lwgng giac lugng giéc.
6. TXD; tinh chan 1¢,tinh dong bién nghich bién clia
ham s6. GTLN,; GTNN cuia ham so.
7. Giai phuong trinh lugng giéc.
DAI SO 1. Xéac dinh s6 hang day so
2. Xéttinh tang gidm, bi chdn cua day so6
Day $0. 3.-Xac dinh s6 hang, cong sai cia CSC
2 Ca? 50 £ong va 4. Tinh téng n s hang dau tién ciia CSC 12-17
cap so nhan
5. Xac dinh s hang, cong bdi cua CSN
6. Tinh tong n s6 hang dau tién cia CSN
1. Tinh giéi han cua diy sb va ung dung
3 Gié6i han. 2. Tinh giéi han cta ham s6 va Gmg dung 1824
Ham'so lign tuc 3 x4t tinh lién tuc tai mot diém, trén mot khoang,
doan.
1. Tim giao tuyén cia hai mat phang.
2. Tim giao diém cta dudng thing va mit phang.
Puing th &ng va 3. gglrllmg 1ilinnh ba diém thang hang, ba duong thang
HINH 4 mit phang trong 8 dut. 75.33
HQC khong gian. 4. Chtrng minh hai dudng thang song song.




PHAN I: PAI SO VA GIAI TiCH

Chuwong 1: Ham sb luong gidc va phuong trinh lwong giéc.

1. Goc lugng giac. Gia tri lugng giac cua goc lugng gidc

2. Ham s6 luong giac
- Tap x4c dinh cua ham sb.
- Tinh chét tudn hoan, sy bién thién, tinh chén 1é ctia ham sé.
- GTNN, GTLNcua ham so.

3. Phuong trinh lugng giac
- Phuong trinh lugng giac co ban .

Chuwong 2: Day sd. Cap s6 cong. Cap s6 nhan

1. Day so:
- Day so tang, day s6 giam. Day so bi chan.
- Tim s6 hang tong quat cta day sd.

2. Cép sb cong, cap sb nhan:
- Dinh nghia. Tinh chat.
- S6 hang tong quat.
- Tong n s hang dau tién ciia CSC, CSN.

Chuong 3: Gioi han

1. Gi6i han cua diy sb.

2. Gi6i han cta ham sb.

3. Ham s6 lién tuc.

CHUONG 1: HAM SO LUQNG GIAC VA PHUONG TRINH LUQNG GIAC
A. TRAC NGHIEM
Bai 1. Goc lwgng gide — GTLG cua goc luwgng giac
Cau 1: Gobc c6 s6 do 108°ddi ra radian 12

AT B. ~. c. . D. ~.
5 10 2 4
Cau 2: Biét mot s6 do cua goc (Ox,0y) = 3’77[+20017z . Gia tri tong quét ciia goc (Ox,0y) 1a
A. (Ox,Oy)z%T+k7z. B. (Ox,0y)=7+k2rx.
Vs r
C. (Ox,Oy):E+k7z. D. (Ox,Oy)=5+k27z.

Cau3: @b co S6do %”déi sang d6 13

A. 240°. B. 135°. C. 72°. D. 270°.
Cau4: Cho (Ox,0y)=22°30"+k360°. Vi k bang bao nhiéu thi (Ox,0y)=1822°30"?
A. ked. B. k=3. C. k=-5. D. k=5.

Cau5: Gidtri k dé goc a="+k2z théaman 10z <a <11z la

A. k=4. B. k£ =6. C. k=17. D. k=5.

Cau 6: Xét goc luong gidc (04;0M )=, trong d6 M 1a diém khong 1am trén céc truc toa dd Ox
va Oy .Khi dé M thudc goc phan tu ndo dé sina va cosa cung diu
A. 1 va (II). B. I va (III). C.1va (Iv). D. (II) va (III).



Cau 7:

Cau §:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cho « la goc ti. Piéu khang dinh nao sau ddy ding?
A. sina<0. B. cosa >0. C. tana <0. D. cota >0.

Cho az%+k27z (keZ).Pé ae(19;27) thi gid tri cua k 1a
A. k=2, k=3. B. k=3, k=4. C. k=4, k=5. D. k=5, k=6.
Cho gbc lugng gidc (04,0B) c6 s6 do bang % Hoi trong céc so sau, sd nao 1a s do cta

mot géc lugng gide c6 cung tia dau, tia cudi véi goc lugng gide (04,0B)?

A% B. -7 c.z L

5 5 5 5
Mot banh xe ¢c6 72 rang. SO do géc ma banh xe da quay dugc khi di chuyén 10 rang la
A. 30° B. 40°. C. 50°. D. 60°.

Trong 20 gidy banh xe cua xe gin may quay duoc 60 vong.Tinh do dai quang dudng xe
gin may da di duoc trong vong 3 phut, biét rang ban kinh banh xe gan may bang 6,5 cm

(liy 7 =3,1416).
A. 22054 cm. B. 22063 cm. C. 22054 mm D. 22044 cm.
Trong mat phang dinh hudéng cho ba tia Ou,Ov,Ox . Xét cac hé thuc sau:

(I). sd(Ou,Ov) = Sd(Ou,Ox) +Sd‘(0x, Ov) +k27,kel.

(H). sd(Ou, OV) = sd(Ox,Ov) +Sd(0x, Ou) +k2m,keZ.

(HI). sd(Ou, Ov) = Sd(Ov, Ox) + sd(Ox, Ou) +k2rn, kel .

Hé thirc nao 13 hé thirc Sa- lo vé s6 do cac goe:

A. Chi (I) B. Chi (II). C. Chi (III). D. Chi (I) va (HI).

Néu goc lugng gidc ¢6 sd (Ox,0z)= —&T”thi hai tia Ox va Oz

A. Trung nhau. B. Vuong goc.

C. Tao v61 nhau mot goc béng 37” . D. Déi nhau.

C6 bao nhiéu diém M trén dudng tron dinh huéng gdc 4 thoa mén sd AM = % +kT7[ kel
A. 6. B. 4. C.3. D. 12.

Xét goc lugng giac %, trong d6 M 1a diém biéu dién cua goc luong gidc. Khidé M thudce

g6¢ phén tr nao?
A. L. B. II. C. 11I. D. IV.

Gié tri cotg%” a
A. 3. B. /3. C.?. D. ‘?-

Cho %< a <. Két qua ding 1a

A. sina>0, cosa>0. B. sina<0, cosa<0.
C. sina>0, cosa<0. D. sina <0, cosa>0.

Cho 27 <a< 577[ . Két qua ding 1a



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

A. tana >0, cota>0. B. tana <0, cota<0.

C. tana >0, cota<0. D. tana <0, cota>0.

Chon dang thure sai trong cac dang thic sau

A. sin(z—szcosx. B. sin(£+xj:cosx.
2 2

C. tan(%—szcotx. D. tan(%+xj=cotx.

Pon gian biéu thirc A = cos (%— aj+ sin (%— aj—cos [%+ a} —sin (%+ 0{) , ta co:

A. A=2sina. B. A=2cosa. C. A=sina—cosa. D. A=0.
Trong cac gia tri sau, sina c6 thé nhan gia tri nao?
A. 0.7, B.%. c. . D.g.

Trong cac cong thirc sau, cong thirc nao sai?

A. sin*a+cos’a=1. B. 1+tan’a =

5 (0{ ¢£+kﬂ,keZJ.
Ccos” o 2

C. l+cot’a =

ta2

(aikﬂ,keZ). D. tana+cota:1(a¢k—ﬂ,ker.
sin” o 2

Cho biét tanaz%. Tinh cota
A. cota=2. B. cotaz%. C. cotaz%. D. cota =+/2.

. 3 .z T .
Cho s1na:§ va 3<a<7z. Gi4 tr1 cua cosa la:

AL B. -2, C.+2 p. ¢
5 5 5 25
Cho tana =2. Gia tri cua Azw la:
SINx —CoOS
A.S. B. 2. C.7. D. ..
3 3

Céc cap dang thirendo sau diy dong thoi xdy ra?

A. sina=1va cosa=1. B. sina:%Vé cosa:—g.
C. sinazévé cosaz—%. D. sina=\/§ va cosa =0.
Cho tam gidc ABC. Hiy tim ménh d¢ sai
. A+C B A+C . B
A. sin =CcoS—. B. cos =sin—.
2 2
C. sin(4+B)=sinC. D. cos(A+B)=cosC.

Pon gian bicu thirc A = cos(a —%J +sin(a—7), taco

A. A=cosa+sina. B. 4A=2sina. C. A=sina—cosa. D. 4=0.

12 .z e o \ h \
Cho cosa = T va E<a<7r. Gia tri cia sina va tana lan luot la



A ——; —. B.
133

Cau 30: Cho tana =—%v(yi 377[<0( <27 Khi dé

5 2 ?5 c 5.5 p 5.5

A sino:——i cosa =——— B sinOt—i cosw—i
' Jar’ Jar’ ' 41’ 41
C. sinac:—i cosoc:i D sina:i, cosac:—i

J41 Jarr ) 41 41°

Bai 2. Cac phép bién ddi lwong giac
Cau 1: Trong cac cong thirc sau, cong thirc nao sai?

A. cos2a =cos’ a—sin’ a. B. cos2a =cos’ a+sin’ a.
C. cos2a=2cos’a—1. D. cos2a=1-2sin’a.
Cau 2: Trong cac cong thuc sau, cong thuc nao dung?
A. cos(a—b)=cosa.cosb+sina.sinb. B. cos(a+b)=cosa.cosb+sina.sinb.
C. sin(a—b)=sina.cosb+cosa.sinb. D. sin(a+b)=sina.cosb —cos.sinb.

Cau 3: Trong cac cong thuc sau, cong thuc nao ding?
tana +tanb
A. tan(a—b):u. B. tan(a—b)="tana—tanb.
l-tanatanb

C. tem(a+b)=M D. tan(a+b)=tana+tanb.

l-tanatanb
Cau 4: Trong cac cong thirc sau, cong thirc nao sai?

A. cosacosh 2%[cos(a—b)+cos(a+b)]. B. sinasind =%[c0s(a—b)—cos(a+b)].

C. sinacosbh :%[sin(a—b)+sin(a+b)]. D. sinacosh :%[sin(a—b)—cos(cﬁb)].

Cau 5: Trong cac cong thuc sau, cdng thirc nao sai?

a—->b a+b a—>b

a—+ . .
A. cosa+cosh=2cos .COS 5 B. cosa—cosb=2sin .sin

a-b a+b a—-b

) ) a+b ) ) )
C. sing+sinb=2sin D. sina—sinb =2cos .sin

.COS

Ciu 6: Rut gon biéu thirc: sin(a—17°).cos(a+13°)—sin(a+13°).cos(a—17°), ta duoc:

A. sin2a. B. cos2a. C. —l. D l
2 2
Cau 7: ‘Rut gon bicu thirc: cos54°.cos4°—cos36°.cos86°, ta dugc:
A. cos50°. B. cos58°. C. sin50°. D. sin58°.

Cau 8: Cho hai géc nhon a va b véi tanaz% va tanb:%. Tinh a+5b.

A Z B.~. c.”. D. 2%,
3 4 6 3
Cau9: Cho 4, B, C laba goc cua mdt tam gidc. Hay chi ra hé thic SAL
A. sinAB3C _ s B. cos(4+B—C)=—cos2C.

A+B-2C 3C
n—— =cot—.

A+B+2C C
C. ta ot—————=ta

D.c



Cau 10:

Cau 11:

Caul:

Cau 3:

Cau7:

Cau 8:

Cau 10:

Cho 4, B, C laba goc cia mot tam giac. Hay chi ra h¢ thuc SAIL

A+B:sin%. B. cos(A4+B+2C)=-cosC.

C. sin(4+C)=—sinB. D. cos(A+B)=—cosC.

Cho sinaz%; cosa<0; cosbz%; sinb > 0. Gia tri sin(a—b) bang:

A -é(ﬁ +%j B. -g(ﬁ ‘%j C. %(ﬁ +%j D. l(ﬁ -2)

A. cos

5 4

Bai 3. Ham so lugng giac va do thi
Trong cac ham s6 sau, ham s6 nao la ham chan?

A. y=cos(x+%j B. y=|sinx| C. y=1-sinx D. y=sinx+cosx

Chon phat bié}l ding: ‘ o
A.Cachamsd y=sinx, y=cosx, y=cotx déu la ham so chan.
B. Cac ham s6 y =sinx, y=cosx, y=cotx déu l1a ham sd Ié:
C.Cacham sb y=sinx, y=cotx, y=tanx déu la ham s chin
D. Cac ham sd y=sinx, y=cotx, y=tanx déu laham sb l¢.
Khang dinh nao duéi day 1a sai?

A.Ham sb y =cosx 1a ham sd 1é. B. Ham s6 y =cotx 1a ham sb 1¢.
C.Ham s6 y=sinx 13 ham s 1é. D. Ham s6 y =tanx 13 ham sd 1.
Ham s6 nao sau day 1a ham s chin?
A. y=-2cosx. B. y=-2sinx. C. y=2sin(—x). D. y=sinx—cosx.
Xét tinh chin 1& ctia ham sy = L i1 y=/(x) 1a
2cosx—3
A. Ham s6 chin. B. Ham s6 1é.
C. Khong chan khong 1é. D. Vira chan vira 18.

Cho cac ham sb: y =sin2x, ¥=cosx, y=tanx, y=cotx. C6 bao nhiéu ham s tudn hoan
voichuky T'=rx.

Al ’ B.2 C.3 D.4 ’

Trong cac ham sd y=tanx; y=sin2x; y=sinx; y=cotx, cd bao nhiéu ham so6 thoa man
tinh chat f(x+kz)=f(x), VxeR, keZ.

A3 , B. 2. C.1. D. 4. ,
Trong bon ham so: (1) y=cos2x, (2) y=sinx; (3) y=tan2x; (4) y=cot4x cd6 may ham
s6 tudn hoan véi chu ky 72

A. 1. ) . B.,O. N C.2. D. 3.

Ham s0 y =sinx dong bién trén moéi khoang nao dudi day.

A. (—%+k27z;%+k2ﬂj, kelZ. B. (%+k2ﬂ;3§+k2ﬂj, kelZ.

C. (—7Z'+k272';k272'), kel. D. (k27r;7r+k27r), kel.
Khing dinh nao sau ddy sai?

A. y =tanx nghich bién trong (O; %) . B. y =cosx dong bién trong (—%; Oj .



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

C. y=sinx dong bién trong (—%; Oj . D. y =cotx nghich bién trong (O; %) .

Tim ménh dé dung trong cic ménh dé sau?
A.Ham s6 y =cotx dong bién trén khoang (0; 7).

B. Ham s y =sinx nghich bién trén khoang (7; 27).

C. Ham sb y =cosx nghich bién trén khoang (—%; %] .
\ A . A A A , 3z Sx
D. Ham s6 y =sinx dong bién trén khoang 7; -

Chon khing dinh ding trong cac khing dinh sau:
A. Ham s0 y =tanx tudn hoan véi chuki 27 .
B. Ham s6 y =cosx tuan hoan véi chuki 7.

C.Ham s6 y=sinx dong bién trén khoang (0;%) .
D. Ham sd y =cotx nghich bién trén R .
Véi x e (o;%j , ménh dé nao sau day 1a ding?

A. Ca hai ham sd y=—sin2x va y=—1+cos2x déu nghich bién.

B. Ca hai ham s6 y =—sin2xva y=—1+cos2x déuddong bién.

C. Ham s§ y =—sin2xnghich bién, ham s6 y = —1+ cos2x ddng bién.
D. Ham sd y =—sin2x ddng bién, ham sd y =1+ cos2x nghich bién.

Ham sb nao sau day nghich bién trén khoang (O;%j ?

A. y=sinx. B. y=cosx. C. y=tanx. D. y=—cotx.
Ham s6 ndo dong bién trén khoang (—%;%J:

A. y=cosx. B. y=cot2x. C. y=sinx. D. y=cos2x.

Bang bién thién ciia ham sd y = f(x) = cos 2x trén doan [—%,%ﬂ la:

A. % T 0 E e 3_?? B. b4 0 T 3r
2 > > * 3 s £ 3
1 1 . ~N 7 N 7
C. 5 0 4 35 D. ez 0 z 3z
X —E 5 T ? 9 2 T 2
S| P A T A 9 ~N 2 7 N, T
3 =2 -2

DPuong cong trong hinh v& bén dudi 1a dd thi ctia mot trong bén ham sb duoc liét ké & bdn
phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham s6 nao?



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Py —
-

=T a 0 T T -
—T _14» ?
27 -
A. y=cosx+1. B. y=2-sinx. C. y=2cosx.D. y=cos’ x+1.

Puong cong trong hinh dudi 1a do thi cia ham sé nao trong cac ham sé sau day?

Al
_’,/-‘F\\\ /’/’—ﬁ
\\u L J//"" I i \\\n 1 | L /./ 1 | \{
I, o /i 0 ™~ % 2
— \_\—//—? + £} \v_,f =+
-+
A. y=1+sin2x. B. y=cosx. C. y==sinx. D. y=—cosx
Tap xé&c dinh cua ham ) y=2sinx la
A. [0;2]. B. [-1;1]. C. R. D. [-2;2]

Tim tap xac dinh D ctia ham sO y =cot x + sin5x+cos x

A. D:R\{%Hm,keZ} B. D=R\{%+k27z,keZ}

C. D=R\{kr,k e Z}
Chon khang dinh sai?

A. Tap x4c dinh ctia ham s§ y = cotx 12 R\{%Hm,k e Z}.

D. D=R\{k27r,keZ}

B. Téap xac dinh cia ham ) y=sinxla R.
C. Tap xac dinh cia ham s6 y=cosx 1a R.

D. Tap xéac dinh cua-ham s6 y=tanx la R\{%Hm,k € Z}.
Tap xéc dinh ctia ham sd y =cotx 1a:

AR\ {k2z ke Z} . B. R\{%+k7z,keZ}.

C. R\{kz,keZ}. D. R\{%+k27z,keZ}.
Tap xéac dinh ctia ham sd y =—tanx 1a:

A.D=R\{%+k7z,keZ}. B. D=R\{kz,keZ}.

C. D=R\{k27,keZ}. D.D:R\{%Hﬂﬂ,keZ}.

Tap D= R\{%ﬂk € Z} 1a tap xac dinh ctia ham sb nao sau day?



Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau l:

Cau 2:

A. y=cotx. B. y=cot2x. C. y=tanx.
2sinx+1

Ham sé y="""""" xac dinh khi
I—cosx
A x= X4 kon B. x#kn C.x#k2n
2
Tim diéu kién x4c dinh ctia ham sb y= H?ﬂ
sin x
A. x=k2r . B.x;tk?ﬁ. C.x=Zvkr.
A T ) \ ) sinx +1
Tap xé&c dinh cua ham s6 y =— la
sinx —2
A. (—2;+oo) B. (2;+oo) C. R\{2}.
Tap xéc dinh cita ham s y =1=°%%% 1.
sin x —1
A. R\{%+kﬂ'} B. R\ {kx} C. R\{k2z}.
Gia tri 16n nhat cia ham sd y =2sinx+1 1a
A. -1 B. 1. c. L
2

Tap gi tri ctia ham s y =sin2x la:
A. [-2;2]. B. [0;2]. C. [~L1].

D. y=tan2x

D. x¢£+k7z
2

D.x#kr.

D. R\{%+k27z}

D. 3.

D. [0;1].

Goi M, m lan luot 1a gia tri 1on nhét va gia trinhd nhét ctia ham sd y=2-sinx. Khéng

dinh nao sau day dung?

A M=1; m=-1. B. M=2;m=1. C.M=3;m=0.

D. M=3; m=1.

Gi4 tri 16n nhét va gia tri nho nhét cia ham sb y=3sin2x-5 lan luot 1a:

A.3; -5. B. -2; -8. C.2; -5.

D. 8; 2.

Goi m la gid tri 16n nhét caa ham sd y =3+2sin2x trén doan [%,%} . Gia tri m thdéa man

hé thirc nao dudi day?
A. 3<m<6. B. m®> =16. C.4<m<5.

Khi x thay d@di trong khoang (%;77[

A. {—1;—%} B. {—g;o} C. [-1;1].

Bai 4. Phwong trinh lwgng giac co ban

Phuong trinh sinx = g c6 nghiém la:

- - x—%+k7r
A. x=t—+k2r. B. x=—+kr. C. 5
3 3 x=%+k7z

Tap nghiém cua phuong trinh sinx =sin30° 1a
A. S={30°+k27z|keZ} U {150°+k27z|keZ}.

B. S={i30°+k27z|keZ}.

D. m=3++/3.

TJ thi y =sinx léy moi gia tri thudc

D. {ﬁ;l}.
2

x=Z+k2rx
3
D. 5 .
szﬂ+k27z



C. S={+30°+k360°|k e Z}.
D. §={30°+360°|k e Z} U {150°+360° |k € Z} .

Cau 3: Nghiém ctua phuong trinh cosx =-1 la:

A.x:%+k7z,keZ. B. x=k2x, keZ.
C.x=rn+k2n, kelZ. D. x=kr,keZ.
Cau 4: Phuong trinh luong gidc: 2cosx++/2 =0 ¢d nghiém 1a
x="+kox x=3—ﬂ+k27r x="vkon x=7—ﬂ+k27z
Al 4 . B. 43 . C ;‘ . D. 47
x=-L1kon x=-2 i kox x= 1k x=—"koz
4 4 4 4
Cau 5: Phuong trinh tanx=+/3 c6 tap nghiém la
A. {§+k27z,kez}. B. Q0. C. {%+k7z,keZ}. D. {%+k7z,keZ}.
Cau 6: Nghiém cua phuong trinh tan3x=tanx 1a
A.x:l%[,keZ. B. x=kr, keZ. C.x=k2rx, kelZ. D.x:]%[,keZ.
Ciu 7: Giai phuong trinh: tan® x =3 ¢6 nghiém la:
A x="+kr. B. x=—2+kr. C.x=+"skr. D. v6 nghiém.
Cau 8: Nghiém ciia phuong trinh ~/3 +3tanx =0 1a:
A x=-L1kn. B. x=Z vkr. C.x="1kr. D. x="+k2rx.
6 2 3 2
Cau 9: Giai phuong trinh J3tan2x=3=0.
A.x=£+k7z(keZ). B.x:£+k£(keZ).
6 3 2
C.x=%+k7z(keZ). D.x:%+k%(keZ).
, B. TU LUAN
Bai 1. Cho biét mot GTLG, tinh cac GTLG con lai, voi:
a) cosazi, 270%<.a < 360° b) cosa:i,—£<a<0
5 NE)
. 5 & . 1 0 0
c)sina=—, —<a<nm d) sina=——,180" <a <270
13 2 3
e) cota=3,7r<a<37ﬁ f)tana=—2,%<a<7r

. 3 . , T S cota—2tana
Bai2. Cho sina ==va 90’ <a <180°. Tinh gi4 tri cua biéu thie £ =—""—"—"— =
5 tana +3cota

Bai3. Cho biét mot GTLG, tinh gia tri cua biéu thuc, véi:
8tan’ a+3cota—1

a) B= khi sina:l,90°<a<1800
tana +cota 3

<2 . 2
sin“a+2sina.cosa—2c¢os” a .
b) C=—— : s— khi cota=-3
2sin“a—3sina.cosa+4cos” a




Bai 4.
Bai 5.
Bai 6.
Bai 7.
Bai 8.
a)
Bai 9.
a)

Bai 10.

Bai 11.

a)

c)

Bai 12.

a)

b)

Bai 13.

a)

Bai 14.

Pon gian biéu thirc 4 = (1 —sin’ x).cot2 X+ (l —cot’ x).
Chtrng minh biéu thirc D = cos® x.cot® x +3cos” x —cot® x +2sin® x khong phu thudc x.
2cos” x—1

Pon gian biéu thuc 4 =— .
sin x +cos x

Tinh gia tri clia biéu thite M = cos(~53°).sin(-337°)+sin307°.sin113°
Cho sina+cosa = % . Tinh gi4 tri cac biéu thirc sau:

A=sina.cosa b) B=sina—-cosa ¢) C=sin’a—cos’a
Cho tana —cota =3 . Tinh gia tri cac biéu thuc sau:
A=tan’a+cot’ a b) B=tana+cota c¢) C=tan"a—cot'a

CMR biéu thirc 4 = cos® x + cos” (% + xj +cos’ (% - xj khong phu thudc x

Chimg minh cac dang thirc sau:

tana + tan b sina cosa I+cot’a
tana.tanb = —— b) — - — = 3
cota+coth Ssina—cosa cosa—sina l—cot” a
sina cos*a . sin’ a sina+cosa. .
— — =sina.cosa d) — — A =sina-+cosa
l+cota 1l+tana sina —cosa tan” a —1

Tinh gia tri ctia biéu thire lwong giac, khi biét:
T o 3 r
tan(a +—j khisima==—, —<a<rx
3 5 2
cos(z—aj khi sina = —2, 3—7z< a<2r
3 13" 2

Rut gon biéu thuc:
sin x +sin 2x +sin3x

A=cos(120°— x)+cos(120°+ x)—cosx. b) B=
cOS x +Cc0S2x+cos3x

Tinh gia tri cia cac biéu thirc lwong gidc sau:

a) A = sin” 20° +sin*100° +sin’ 140’
b) B = cos*10° +cos110° +¢cos’ 130°

Bai 15.

a)
b)

Bai 16.

a)
b)

Bai 17.

1))
2)
3)

4)

Tinh gi4 tri cua biéu thire lvong giac, khi biét:
RY/4

cos2a, sin2a, tan2a khi cosa =—%, T<a <7

cos2a, sin2e, tan 2 khi tano =2
Tinh gia tri cua biéu thiic sau:
A= c0s820°.cos40°.cos 60°.cos 80’
B =sin10°.sin 50°.sin 70°
Rt gon biéu thirc
A= H_Cﬂ.tg2 (fj —cos’x
1—cosx 2

B sin 3x.cos5x —sin Sx.cos3x

COS X

C=

- —cotg2x
sin 4x
_sin’2x—4sin’ x

sin’ 2x+4sin’ x—4

10



cot, gthE
5,78,

5) E=
cotgg—tgg
2 2
2
6) H= 2cos a—1

2tg(7[ - aj.sin2 (7[ + aj
4 4
Bai 18. Ching minh dang thirc

1) 4.cos*x—2cos2x —%cos4x = %

sin4x

3 : 3
2) cos x.sinx—sin” x.cosx =

3) sin*x+cos'x= l.cos4x + 3
4 4

&) 1+sinx =cotg(£—£j

CcOS X 4 2
Bai 19. Xét tinh chan 1€ cua cac ham so sau

a) y=2cos3x

C) y=Xx.cotx+cosx

b) y=x+sinx

d) y=x"+tan|x|

Bai 20. Xét tinh tuan hoan va tim chu ki (n€u ¢6) cia cac ham so sau:

a) y=1-sin5x.
Bai 21. Khao sat su bién thién cua cac ham sd sau
a) y =sinx trén (_ﬁ; EJ
4 3

c) y=cot x—2 | trén 3=, 7
d 6 4° 2

Bai 22. Tim tap xac dinh cua cac ham s6 sau?

a) y=cosx+sinx
/4
c)y=cot| —+x
2
Bai 23. Tim gia tri 16n nhat va gia tri nho nhét

a) y:2sin(3x—%j—3

c) y=2+/cos3x—1

e) y=4-2cos2x.
Bai 24. Giai cac phuong trinh sau:

.(x 7[)_ V3
a)sin| ——— |=——
2

3 4

c)sin (3x —3—7[j =sin [Z - xj
4 6

b) y=cos’x—1.

T 3z
b) y=cosx trén | —; —
)y (3 2)

d) y=tan x+Z | wen | -5 2
d 3 4’2

l+tanx
b) y=

sin x

7
d) y=t +—
)y an(x 4}

b) y:—5+20052(2x—%]

d) y= sin”(3x)

) y=+3+sin*" x.

—3cos’ (3x)

b) sin(3x—30°) =sin45°

d) sin (4x—£j =0
3

J
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e) cos(—x+£j =1
3

g) cos(2x + 25°) =

NG

Bai 25. Gidi cac phuong trinh sau:
a) tan(2x - 1) = tan(—x +%)
0)3 tan(3x + %) =1

e)2cot(3x)=3

f)cos(Sx j—sm (T”—ij
ol )

b)tan (3x-10") =~/3
d)cot(Zx—Z]zl
3

f) cot (x +£j = cot(—Zx +£j
3 6

oxlél

CHUONG 2: DAY SO. CAP SO CONG VA CAP SO NHAN

A. TRAC NGHIEM
Bai 1. Diy s6

Cau 1: Cho day sb (u,), biét u, 21 Viét nim s6 hang dau cua diy sd.
o+
3 7 3 11 5 7 3 11
A. ulzl,uzz—,u3=§,u4 oot = B. ulzl,uzzz,%:g,m:a,us:—
8 3 11 5 7 7 11
C. u1:1,1/l2:—,u3:§,u4—5 :7 D. ul:1’u2:25u3:g’u4:5,u5:?.
Cau2: Cho diy s (u,), biét u, = ﬁ Ba sb hang dau tién cua diy s6 d6 1a
L L1 c.L1.1 p. L.2.3
274’8 274 26 2 416 234
Cau3: Cho day sd (u,), biét u, = 5 +11 SH % 1a sb hang thir miy cua diy s6?
n+
A. 8. B. 6. C.5. D. 7.
Cau4: Cho day so (u,), biét u in +j S6 % 1a s6 hang thir may cua diy s6?
n—
A. 6. B. 8. C.9. D. 10.
Cau5: Cho day so(u,)voi u, SRR us .
n
A.s. B.S c.>. D. 1
5 6
2
Cau 6: Cho day so (u,) vOi u, = iﬁ
n+
Hoi ddy sb trén c6 bao nhiéu s6 hang nhan gia tri nguyén.
A. 2. B. 4. C.1. D. Khong co.
Cau7: Choday so (u,)biét u, =3n+6. Ménh dé nao sau day dung?
A. Dy s0 ting B. Déy s0 giam
C. Day s0 khong tang, khong gidm D. Ca A, B, C déu sai
Cau 8: Cho diy s (u,) biét u, = n—-‘_; Ménh dé nao sau ddy ding?
n+

A. Diy s6 ting B. Diy sb giam

12



n+5
n+2
Cau 9: Trong cac ddy so (u,) cho boi so hang tong quat u, sau, ddy so nao tang?

C. Diy s6 khong ting, khong giam D. C6 sb hang u,, = +1

2
1
Aoy = B.u =—"0" C.u=2"T" D. u, =(-2)'n’ 1.
Y AR AR ty = (2N
Cau 10: Cho diy sd (u,) biét u, =+/5n+2 . Ménh dé ndo sau ddy ding?
A. Diy s6 ting B. Diy s6 giam
C. Day s0 khong tang, khong gidm D. Ca A, B, C déu sai
Cau 11: Cho diy s (u,) biét u, = YT Ménh dé nao sau ddy ding?
n+
A. Day Sé tang B. Diy s6 giam ‘
C. Day s0 khong tang, khong giam D. Ca A, B, C déu dung
Cau 12: Cho ddy 50 (u,)bict u, =—— 3 Ménh dé nao sau day ding ?
n+
A. Day scf) bi chan. B. Day s6 bi chan trén.
C. Day s0 bi chan dudi. D. Khong bi chén
Céu 13: Cho day sé (u,)bidt u =" +15 . Ménh d& nao sau dy dind
n+
A. Day scf) bi chan. B. Day s6 bi chan trén.
C. Day s0 bi chan dudéi. D. Khong bi chan
3
Cau 14: Cho ddy s0 () bict u, =——. Ménh denao sau day diing ?
n’+
A. Day scf) bi chan. B. Day s6 bi chan trén.
C. Day so6 bi chz_i,n dudi. , D. Khong bi chan
Cau 15: Trong cac day s6 sau day s6 nao bi chan ?
~ ” 3 ~ . , 1
A.Day (a,), voi a, =<n’ +n,V¥n e N*. B. Day (b,),v6i b, =n +2—,Vn e N*.
n

C.Day (c,), v0i ¢, =(-2)" +3,Vn e N*. D. Day (d,), véi d, =33—,12,VneN*.
n +

Bai 2. Cap so cOng
Cau 1: Day so nao sau day 1a mdt cap so cong?

=1 =
A. (un):{ X . B. (u,,);{ w=d o
U, =u,+2,vn=1 u,,=2u +1,Vnz=1
C.(u,):153; 65105155 ... D. (u,): —151; =1; 1; =15 ...

Cau 2: Trong cac day sob sau, co bao nhiéu day soé la cap s6 cong?
a) Day so (u,) v6i u, =4n.b) Day s6 (v,) voi v, =2n +1.

b) Day s6 (w,) v6i w, 22—7. d) Day s6 (z,) véi ¢, =5-5n.

A. 4. B. 2. C. 1. D. 3.
Cau3: Xac dinh a dé 3 86 1+2a;24> —1;—2a theo thit tu thanh 1ap mat cép ) cong?

B3

A. Khong c6 gia tri nao cua a. B. a= iT'

B3

C. a=13. D.aziT.



Cau 4:

Cau5:

Cau 6:

Cau7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Céc day so c6 so hang tong quat u, . Trong cac day so sau, ddy sO nao khong phai la cap

s6 cong?

A. u, =2n+5. B. 49, 43,37, 31, 25.C. u, =1+3". D. u, =(n+3) —n.
Biét bon sd 5; x; 15;y theo thtr tir 1ap thanh cép sb cong. Gid trj ciia biéu thic 3x+2y
bang.

A. 50. B. 70. C. 30. D. 80.

Cho cap sb cong (u,)v6i u, =7 cong sai d =2. Gia tri u, bang

A. 14. B. 9. C.%. D.s

Cho mot cap sb cong (u,) c6 u, =%, u, =26. Tim cOng sai d

Aoa=1. B.a=2. C.d=>. Did=>.
3 3 10 11
Cho day s6 (u,) 1a mot cap so cong c6 u; =3 va cong sai d =4 /Biét tong n so6 hang dau
cua day sb (u,) 1a S, =253. Tim n.
A. 9. B. 11. C.12. D. 10.
Cho diy sb v6 han {u,} 1a cap sd cong c6 cong sai d, s hang dau u,. Hay chon khang

dinh sa1?

A. uszw—ug. B.u=u_ +d, n>2.
2
C. Sn:g(2ul+lld). Diu =u +(n-1)d, YneN .

Cho mot cip sb cong (u,) ¢ u, =5 va tong clia 50 sb hang dau bang 5150. Tim cong
thirc ctia sb hang tong quat «, .

A.u =1+4n. B. u,=5n. C.u,=3+2n. D.u =2+3n.

Cho cip s6 cong (u,) ¢6 uy=-12, u,, =18. Tinh tong 16 s hang dau tién clia cap s6 cong

nay.

A. S, =-24. B. S, =26. C. S, =-25. D. S, =24.
Viét ba sb xen gitta 2 va 22 dé ta dugc mot cap sb cong cd 5 sd hang?

A. 6,12, 18. B. 8, 13, 18. C.7,12,17. D. 6, 10, 14.

Mot dong ho danh gio, khi kim gid chi sd n (tir 1 dén 12) thi ddng hd danh dung n tiéng.
Hoi trong mot ngay (24 gid) dong hd danh dugc bao nhiéu tiéng?

A. 156. B. 152. C. 148. D. 160.

Sinh nhat 1an tha 17 cta An vao ngay 01 thiang 5 nim 2018 . Ban An mudn mua mot
chiéc may anh gia 3850000 dong dé 1am qua sinh nhat cho chinh minh nén An quyét dinh
b6 dng heo 1000 dong vao ngay 01 thang 02 ndm 2018 . Trong cac ngdy tiép theo, ngay
sau bo dng nhiéu hon ngay trude 1000 déng. Hoi dén ngay sinh nhat ciia minh, An ¢ bao
nhiéu tién (tinh dén ngay 30 thang 4 nim 2018)?

A. 4095000 dong.  B. 89000 dong. C. 4005000 dong.  D. 3960000 dong.
Nguoi ta trdng 3003 cdy theo dang mot hinh tam gidc nhu sau: hang thtr nhét tréng 1 cay,
hang thi hai trong 2 cAy, hang thir ba tréng 3 cdy, ..., c tiép tuc trong nhu thé cho dén
khi hét sé cay. S6 hang ciy duoc trong 1a

A. 77. B. 79. C. 76. D. 78.

14



Cau 16:

Cau l:

Cau 3:

Caus:

Cau 6:

Cau7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Trong san van dong co tat ca 30 diy ghé, diy dau tién c6 15 ghé, cac ddy lién sau nhiéu
hon day trudc 4 ghé, hoi san van dong do co tat ca bao nhiéu ghé?
A. 2250. B. 1740. C. 4380. D. 2190.
Bai 3. Cép s6 nhan
Trong céc diy s sau, ddy s6 nao 1a mot cip sé nhan?

A. 128; —64; 32; —16; 8; ... B.\2; 2; 4 42; ...
C.5 6,7, 8; .. D. 15; 5; 1; l;
Trong céc diy s sau, ddy s6 nao khéng phai 12 mot cap s nhan?
A. 2; 4; 8; 16; ... B.1, -1;1; —1;
C. 1%; 27%; 3% 4% ... D. g; @’; a’; a’; - (a#0).
Cho cip s6 nhan (u,) véi u, ==2 va g =-5. Viét bon s hang dau tién clia cp s6 nhan.
A. =2; 10; 50; —250. B. -2; 10; —50; 250.
C. -2; -10; —50; —250. D. -2; 10; 50; 250.
Trong céac diy sb (u,) cho boi s6 hang téng quat u, sau, diy s6 ndo la mot cap s6 nhan?
A u, = 172 : B. un:L—l. C. un:n+l. D. unznz—l.

3" 3" 3 3
Trong cac day so (u,) cho boi so hang tong quat u, sau, day s6 nao la mét cap so nhan?
A. u,=7-3n. B.u,=7-3" C.u, 37 D.u,=73"

n

Trong céac phat biéu sau, phat biéu nao 13 sai?

A. Diy s6 c6 tat ca cac sé hang bang nhau 13 mot cap s6 nhan.
B. Diy sb co tat ca cac s6 hang bang nhau 1a mét cap sb cong.
C. Mot cép sé cong co6 cong sai duong la mot day sé tang.

D. Mot cip s6 cong co cong sai duong 1a mot diy so duong.
Xac dinh x duong dé 2x—37 x 3 2x+3 lap thanh cap s6 nhan.

A. x=3. B. x=13.

C. x=1+3. D. khong c6 gia tri nao cuax.

Vi gia tri x nao dudi day thi cac s6 —4; x; —9 theo thir ty d6 1ap thanh mdt cap s6 nhan?
A. x=36. B. x——% C. x=6. D. x=-36.

Tim b> 0 dé cac sb . Jb; N2 theo thir tu d6 1ap thanh mot cp sé nhan.

\/5

A. b=-1. B. h=1. C.b=2. D. b=-2.
Cho cap s6 nhan (a,)c6 a, =3 va a, =—6. Tim sb hang thir ndm cua cép s nhan da cho.
A. a,=-24. B. a, =48. C. a;=-48. D. a,=24.

Mot khu rimg c6 trir luong gd 13 4.10° mét khdi. Biét toc do sinh trudng ciia cac cay o
khu ring d6 12 4% mdi naim. Hoi sau 5 nam, khu rimg d6 sé c6 bao nhiéu mét khéi gd
A. 4.10°.(0,05)". B. 4.10°(1,4)’. C. 410°(1,04).  D. 4.(10,4).

Bai toan “Ldi kép”: Mot ngudi g s6 tién 100 triéu dong vao mot ngan hang véi 131 sudt
7% /nam. Biét rang néu khong rut tién ra khoi ngan hang thi ctr sau mdi ndm s tién 1ai
duoc nhip vao von ban dau (ngudi ta goi d6 14 13i kép). Gia sir trong khoang thoi gian giri

15



Cau 13:

Bai 1.

Bai 2.

Bai 4.

Bai S.

Bai 6.
Bai 7.

Bai 8.
Bai 9.

Bai 10.

Bai 11.

Bai 12.

nguoi giri khong rut tién ra va lai sut - khong thay d6i, hoi sau 10 nam thi téng sb tién ca
von lan 13i ma ngu’(n gtri nhan duoc gan v6i sb tién ndo trong cac sb tién dudi day‘?

A. 196715000 dong. B. 196716000 dong. C. 183845000 dong. D. 183846000 dong.
Mot ngudi giri ngan hang 150 triéu dong theo thé thirc 13i kép, 13i sut 0,58% mot thang
(ké tir thang thr 2, tién 13i duoc tinh theo phan trim cua tong tién 13i thang trude do va
tién gdc cla thang trude d6). Sau it nhat bao nhiéu thang, ngudi d6 ¢6 180 triéu dong?

A. 34 thang. B. 32 thang. C. 31 thang. D. 30 thang.
B. TU LUAN

Xét tinh ting giam cta cc day s6 sau:

1). Dy s6 (u,) vOi u, =2n* —5n+1 2). Diy s6 (u,) v6i u, =3"—n.

3). Ddy s6 (u,) v6i u, = 4). Day s6 (u,) voi u, =

2

n +1° "
Xét tinh bi chdn cua cac day s6 sau
1 nx
a) u = ) b) u =3.cos—. c) u =2n+1.
) 2n* -1 ) 3 )
2
d) un:’ZJr—zn. e) un:n+l.
n +n+l1 n
Xét tinh bi chdn cua cac ddy so sau:
a). u ——+L+ + ! b). u —L+L+i+ +L
12 23 7 n(n+l) e 22 3 n’
RS 1 1 1
C). u, = +..+ d)u=—+—+.+———
“13 25 (2n—-1)(2n+1) 1.4 25 n(n+3)

Trong cac day s sau, ddy nao 1a cap s6 cong. Tim sé hang dau va cong sai ciia cap sd
cong do:

a). Day s6 (u,) v6i u, =19n=5 b). Day sb (u,) voi u, =-3n+1

¢). Day s (u,) vOi u, =n*+n+l d). Day sb (u,) v6i u, =(-1)" +10n

Dinh x dé 3 s6 10-3x,2x” +3,7—4x theo thtr tw d6 1ap thanh 1 cap s6 cong.

Mot tam gidc vudng ¢ chu vi bang 3a, va 3 canh lap thanh mot CSC. Tinh d6 dai ba canh
cua tam giac theo a.

Ba g(’)c cua mdt tam gidc vudng lép thanh mot CSC. Tim s6 do céc gbe do.

Tim s6 hang dau tién, cong sai, sb hang thtr 20 va tong cua 20 sd hang dau tién cia cac
cép sb cong sau, biét rang:

) us =19 b) u, —u, +us; =10 ) u, +us =14
a C
uy=35 u, +u, =26 s, =129

Cho CSN (u,) c6 cac sd hang thoa: {ul tus =51
u, +u, =102
a). Tim s6 hang dau va cong boi ciia CSN.
b). Hoi tong bao nhiéu s6 hang dau tién bang 3069?
c). S6 12288 1a s6 hang thir may?
Tim s6 hang dau ctia CSN biét cong boi bang 3, tong sb cac sb hang 13 728 va sb hang
cudi béng 486.
Cho 3 s0 tao thanh mot cap sb cong co tong 21. Néu thém 2, 3,9 1an lugt vao sé thir nhat,
s6 thtr hai, s6 thir ba tao thanh mot cp s6 nhan. Tim 3 sb do.
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Bai 13.

Bai 14.

Cau l:

Cau 6:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cho 3 s dwong c6 téng 13 65 1ap thanh mot cap sd nhan ting, néu bét mot don vi & sd

hang thtr nhét va 19 don vi & sb hang thtr ba ta dugc mdt cép s6 cong. Tim 3 s6 do.
Cho x, 3, y theo thi ti 14p thanh cip sé nhan va x* = y4/3. Tim x, y.
CHUONG 3. GIOI HAN. HAM SO LIEN TUC

A. TRAC NGHIEM

Phét biéu nao sau day 13 sai?

A. limu, =c (u, = cla hang s6). B
C. limlzo. D.
n
Tinh L = lim %~}
n+3
A. L=1. B. L=0. C.
lim 18 bang
n
A. —©, B. 0. C.
Day s0 nao sau day c6 gioi han bang 0 ?
2 2
A.unzn 22. B.un:n 2}12. C.
Sn+3n Sn+3n
Tim limu, biét u, = 21 + 21 ot 21
2°-1 3 -1 n =1
A2 B.>. C.
4 5
Tinh gi6i han lim| —— -+ —— +—— ¢ !
1223 234 7 u(n+1)
A. 0. B. 2. C.
cr e . 21 4
Gia tri cua lim bang
n+l
Al 1. B. 2. C.
Tinh gi¢i han I = lim—" 2017
3n+2018
AT =2, B. =2, C.
3 2
5 ~.3
Tim fim o 22 *1
4n” +2n° +1
A. 2. B. 8. C.
2_3 .
Gia tri cua lim - bang
—zhn
A. 3. B. 2. C.
lim(2-3n)" (n+1)’ la:
A. —© B. +o C
n —2n

Tinh gi6i han L =lim —;
3n"+n-2

Bai 1. Gi6i han diy sb

. limg" =0 (g >1).

lim— =0 (k>1).

k
n

1-2n

uf=3—%.
Sn+3n

w |

I 2017 .
2018

. 81

. 100,

1-2n?
u =

USHINN

[\SH OS]

C Sn43n®
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Cau 13:

Cau 14:

Cau 15:

Cau l:

Cau 2:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Cau 10:

A. L=+to. B. L=0. C.Lz%.
_ _ 3
Tinh gi6i han cia diy sé u = —21"— 2"
3n-2
-2
A. ? B. —00 ., C. 1
. N4 +1=n+2
lim bang
2n-3
A2 B.2. C. 1.
2
N4n® +5+n . cy
Cho 7 =lim————. Khi d6 gié tri cua 7 la:
dn—n* +1
A =1 B.[:%. C.1=-1.

Bai 2. Gi6i han ham s6

D. =2
4

Cho céc gii han: lim f(x)=2; lim g(x)=3, hoi lim[3/ (x)-4g(x)] bang

X—)XO

A. 5. B. 2. C. —-6.
Gia tri cia lim(2x* ~3x+1) bang
A. 2. B. 1. C. +oo0.
Tinh gi6i han L =1lim x-S
=3 x+3
A. L=-o. B. L=0. C. L=+
3 42
Tinh lim™ 2x"+2020 .
x—1 2x_1
A. 0. B. . C. +o
Tim gidi han 4 = lim zx;l
2xT 4 x +4
A. —é. B. —o0. C. +o.
Gi6i han nao sau day co két qua bang +0?
A lim 22 lim "2 -l
x>l ()C—l) x>l (X—l) x>l (X—l)
Cho £1_rgf(x) =-2.Tinh ng}[f(x)+4x—l:| .
A. 5. B. 6. C. 11.
2(V3x+1-1) [ER
Cho I=lim—— = va J=lim————— . Tinh /-J .
x—0 X x—>-1 x+1
A. 6. B. 3. C. -6.
Trong cac ménh dé sau, m¢nh dé nao sai?
A. liml=+oo. B. liml:—oo. C. limisz+oo.
x—=0" x x—=0" x x—=0" x

Trong bdn gi6i han sau day, gidi han nao bang —oo?

A lim 2X+4 B. lim 2> *% C. lim
=2~ X — x—>2%

X—>+0 X —

-3x+4

X —

D. 3.

D. 0.

D. 2019.

x+1
1m
x—l ()C—l)

D. lim —==+4o.

x—0" \/;

-3x+4

X—>—0 X —
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau l:

Cau 2:

Trong cac gidéi han dudi day, gio1 han nao la +oo?
2

A. lim 271 B. lim (—x'+2x+3). C. lim 22X gy 2071

=4 4—x X—> 40 X——0 x—1 x4 4 —x
Gi6i han Tim =" bing

1" x—
A. 4o, B. —oo. C. % D. l
3 3
limx—ﬂbfmg
x>t x —
A. +0. B. —©. C. 1. D. 0
Tim lim =2
P
A. —©, B. 2. C.0. D. +o0.
2
Tinh gi61 han lim x
x—=>10 x —
A. 0. B. +o. C. —o. D. 1.
. . *+ax+1khix>2 . .
Tim a d¢ ham s f(x)= o T gigichan tai x=2.
2x* —x+1khix<2
A. —1. B. 2. C.2. D. 1.
, W22 hix >0 , q ,
Cho ham s6 f(x)= X | ,'m 1a tham s6. Tim gia tri cia m dé ham so6
mx+m+—  khix<0
cO gidi han tai x=0.
A.mzl. B. m=1. C. m=0. D.mz—l.
2 2
Tinh gioi han lim (2x° - x*41)
A. +o0. B. ~w. C.2. D. 0.
Bai 3. Ham s6 lién tuc

Cho ham s6 y= f(x) lién tyc trén (a;b). Biéu kién can va du dé f{x) lién tuc trén [a;5] 1a

A. lim f(x)=/(a) va lim /(x)=£(b).  B. lim f(x)=/(a) v& lim /(x)= /()

C. Xliﬁn}f(x,)=f(a) va lim f(x)=f(b)- D. x]i%r?i‘f(x)=f(a) va lim f(x)=f(b)-
Cho ham s6 f(x) xac dinh trén [a;b]. Tim ménh dé ding.

A.Néuhamsb f(x) lién tuc trén [a;6] va f(a)f(b)> 0 thi phuong trinh f(x)=0 khong
c6 nghiém trong khoang (a;b).

B.Néu f(a)f(b)<0 thi phuong trinh f(x)=0 c6 it nhat mot nghiém trong khoang (a;b)
C.Néuham s6 f(x) lién tuc, ting trén [a;b] va f(a)f(b)> 0 thi phuong trinh f(x)=0
khong c6 nghiém trong khoang (a;b).

D. Néu phuong trinh £ (x)=0c6 nghiém trong khoang (a;5) thi ham s6 f(x) phai lién

tuc trén (a;b).
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Cau3: Chohamsé y= f(x) lién tuc trén doan [a;b]. Ménh d& nao dudi day dung?
A. Néu f(a).f(b)>0 thi phuong trinh f(x)=0 khong c6 nghi¢m nam trong (a;b).
B. Néu f(a).f(b)<0 thi phwong trinh f(x)=0 c6 it nhdt mot nghiém nam trong (a;b).
C.Néu f(a).f(b)>0 thi phuong trinh f(x)=0 c6 it nhat mot nghiém nam trong (a;b).
D. Néu phuong trinh f(x)=0 c¢ it nhdt mot nghiém ndm trong (a;b) thi f(a).f(b)<0.
CAu4: Cho dd thi cia ham sb y = /(x) nhu hinh v& sau:

y

L S T S S

Chon ménh dé ding.
A.Ham s6 y = f(x) c6 dao ham tai diém x =0 nhung khong lién tyc tai diém x=0.

B. Ham s y = f(x)lién tuc tai diém x =0 nhung khong c6 dao ham tai diém x=0.
C.Ham s6 y= f(x) lién tyc va c6 dao ham tai diém x=0.
D.Hamsb y=f (x) khong lién tuc va khong co dao ham tai diém x=0.

Cau 5: Hinh nao trong cac hinh dudi day la do'thi ciia'ham sb khong lién tuc tai x=17?

v ¥
F 9 4

o i 1
e X
ol 3 7 0| 1
A. B
Y ¥
s A
2
1\ 1+--
X .]' 1
o] 1 2 0 R g
C. . D.

Cau 6: Cho cac ménh dé:
1. Néuham sb y = f(x) lién tuc trén (a;b) va f(a).f(b)<0 thi ton tai x, €(a;b) sao
cho f(x,)=0.
2.Néuham s y=f(x) lién tuc trén [a;b] va f(a).f(b) <0 thi phuong trinh f(x)=0
c6 nghiém.
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

3.Néuham sb y = f(x) lién tuc, don diéu trén [a;6] va f(a).f(b) <0 thi phuong trinh

f(x)=0 c6 nghiém duy nhét.

A. C6 ding hai ménh dé sai. B. C4 ba ménh dé déu dung.

C. Ca ba ménh dé déu sai. D. C6 ding mdt ménh dé sai.
1-x° .

Cho hamsb y={ 1—x okhi x <l . Hay chon két luan dung
1 Jkhi x>1

A. y lién tuc phai tai x=1. B. y liéntuc tai x=1.

C. y lién tuc trai tai x=1. D. y lién tuc trén R.
Sh e LR

Choham s6 y = x—3 . Ménh dé nao sau day diung?
-1 khi x=3

A. Ham s6 lién tuc nhung khong c6 dao ham tai x, =3.
B. Ham s6 gian doan va khong c6 dao ham tai x, =3.
C. Ham s6 c6 dao ham nhung khong lién tuc tai x, =3.
D. Ham s6 lién tuc va c6 dao ham tai x,=3.

x—2
. ——— khi x#2 \
Cho ham s0 f(x)=<+/x+2-2 ~Chon ménh dé dung?
4 khi x=2
A. Ham s6 lién tuc tai x=2. B. Ham s gian doan tai x=2.
C. f(4)=2. D. lim / (x) =2.
\ I 2x=1 L zoq Ao, A av
Cho ham s6 f'(x)=—=—. Két luan nao sau day ding?
X —X
A. Ham s6 lién tuc tai x=—1. B. Ham sb lién tuc tai x=0.
C. Ham s lién tuc tai x=1. D. Ham s6 lién tuc tai xzé.
Ham s nao sau daylién tuc tai x=1:
Xk x+1 X —x-2 X +x+1 x+1

A. X)=—"7"""—. B. X)=——F. C. x)=——_ D. X)=——.

F=E (=T e ()= b (=2
Ham s6 nao du6i day gian doan tai diém x,=—1.

2x—1 X x+1

A y= (x*+2). B.y= . C.y=—"-. D. y= .

4 (x+ )(x i ) 4 x+1 4 x—1 d x*+1
Ham s6 ndo sau day gian doan tai x=2?
A. y=3x_24. B. y=sinx. C. y=x4—2x2+1 D. y=tanx.

x_
Ham sé y :L1 gian doan tai diém x, bang?
X+

A. x,=2018. B. x,=1. C. x,=0 D. x,=-1.
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Bai 1.

Bai 2.

Bai 3.

Bai 4.

Cho ham sé y = xz— 3 . Ménh dé nao sau dy dung?

x —
A. Ham s0 khong lién tuc tai cac diém x ==1.B. Ham s0 lién tuc tai moi x e R.
C. Ham s0 lién tuc tai cac diém x=-1. D. Ham s0 lién tuc tai cac diém x=1.

khi x = —

x’ -4 )
X lién tuc tai x =—-2

Timm dé ham sé f(x)=14 x+
m khi x=-2

A. m=—4. B. m=2. C. m=4. D. m=0.
, Bl BRI (s : ;
Chohamso y= f(x) =< x—1 *7 " Gia tri cua tham s§ m dé ham sb lién tyc tai diém
2m+1khix=1
x, =1 1la:
A.m:—%. B. m=2. C. m=1. D. m=0.

X +3x+2 khi x< -1

Dé ham s6 y = { lién tuc tai diém x =~1 thi gia tri cia « 1a

dx+a khi x>-—1
A. 4. B. 4. C.1. D. 1.

x*=2x+3 khix=1
3x+m—-1 khix=1
A. m=1. B. m=3. C.: m=0. D. m=2.

B. TU LUAN

Cho ham s0 f (x) :{ ~Tim mdé ham s6 lién tyc tai x, =1.

Tim cac gidi han sau:

n+1 b. 1 3n® —2n+5 . 3" —4" 45" o 1+3"
2 . -1 —- C- 1lmﬁ- d- 111’1’1 n-
n -2 2n*+5n-3 3" 44" -5 4+3

i ™l T2 (- 2a) . tim(Ba )

- 1 1 1 1
L lim| l+—+=+—+. +—
2.4 16 n

a. lim

Tim gidi han
a. 1im(n3 0 +n+ 1) b. lim(—n2 +n\/;—1)
C. 1im(\3/1+2n—n3—n) d. lim(n+\/n2—n+1)

Nguoi ta 14y bon trung diém cac canh cua hinh vudng trén dé duge hinh vudéng nhod hon
nam bén trong hinh vudéng bén ngoai. Quy trinh 1am nhu vay dién ra t6i vo han. Tinh dién
tich tt ca hinh vudng c6 trong bai toan.

Dé trang hoang cho cin ho ciia minh, cha chudt Mickey quyét dinh t6 mau mot miéng bia
hinh Vuong canh bang 1. N6 t6 mau xam cdc hinh vuéng nho dugc danh s6 lan luot 13 1,
2,3,4,. .. trong d6 canh ctia hinh vudng ké tlep bang mot nira canh hinh vudng trudce
do. Gla sur quy trinh t6 mau ctia chudt Mickey c6 thé tién ra vo han (nhu hinh vé& duéi day).
Tinh tong dién tich ma chudt Mickey phai t6 mau.
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Bai5. Tim céac gioi han sau:

2 _ 2 _ 3 _ 3 _
a lim™ Y0 b g X im0 1 d fim 33" =27
=2 x° =4 x=5 x° =25 x—=0 X x—=0 X

Bai 6. Tim céc gioi han sau:
. Jx+3-2 - 2-x-3 - Jx?-2x4654x  +2x-6
a. lim————— b. im——— . lim :
=l x—] =7 x" =49 x3 x —4x+3

Jx+2-2 Yax -2 Psx—3+2

d. lim e. lim f. lm

x—52 /x+7_3 C 2 x_2 x—>—1 x+1

. 1-1-x C N2x+2+5x+4-5 . . Y3x+2-/5x—6
g. Iim——— h. lim i lim

x—0 X x—l x_l x—2 x_2

Bai 7. Tim céc gio1 han sau:
2 2 _
a. lim ¥ —x+7 b. lim (\/2x2 +1+ x) C. lim ¥ mx#3

X——0 2x3 -1 X— - x—>+o0 x—4

d. lim (\/x2—4x—x) €. lim (\/x2+1—x) f. lim (\/x2—3x+2 +x)

.. . 20 2% x2=1
Bai8. Chohamso f(x)=1",
X" —3x x<l1
Tim 1im f (x)3lim f (x). Ham sd ¢6 gidi han tai x=1 khong? Vi sao?
x—>1" x—>1"
Bai9. Tim céac giéihan sau:
i ZEVE Ly, X3 (440
x->0" x_\/; x—)(—l)+ A [x3 +x2 x> 3x2 +5x
Sxt—6x’-x  x>=1 . _ . )
5 Tim lim £ (x);lim £ (x). Ham s0 c6 gii han tai
x° —=3x x<l1 x1 x1

Bai 10. Cho ham s f(x):{

x=1 khong? Vi sao?

Baill. Chohimsé y=f(x)={ * ~I
a). Tim lim f (x). So sanh lin}f(x)vél (1)
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Bai 12.

Bai 13.

Bai 14.
Bai 15.
Bai 16.
Bai 17.

b). Tim li(mr f(x). So sanh li(my f(x)va f(-3).
x—>(-3 x—>(-3

Chirng minh rang ham so sau lién tyc trén R .

—’C}txiz khi x %1 5 khi x <0
a. f(x)= 4x+ b. f(x)= N
— khi x=-1 —_— khi x>0
Ix+1-1
x> —2x-3 .
oy A s s I ————— khi x#3 | . A, 4 .
Xét tinh lién tuc cua ham s6 f(x) = x-3 trén tap xac dinh cua no.
4 khi x=3

Tu (1) va (2) suy ra f(x) lién tuc trén R .

x’+x+1 khix>1
2x+4 khix<l1
Chtrng minh rang phuong trinh (1-m*)x* =3x—1=0 ludn c6 nghi¢m.

Xét tinh lién tuc cua ham sd f(x)= { trén tap xac dinh cua no.

Chung minh rang phuong trinh: (m2 +m+ l)x4 +2x-2=0 luén conghiém.

Chtrng minh rang phuong trinh (m2 + l)x3 —2m*x* — 4x +m” +1=0 ludn c6 3 nghiém.
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PHAN II: HINH HQC

Chuwong 4: Duong thang va mit phing trong khong gian. Quan h¢ song song

1. Giao tuyen ctia hai mat phang, giao diém ciia duong thang va mit phang. Ba diém thang hang,
ba dudng thing dong qui.

2. Hai dudng thing song song.

3. Puodng thing song song v4i mit phang.

4. Hai mit phing song song.

Cau l:

Cau 2:

Cau 4:

Cau5:

Cau7:

Cau §:

A. TRAC NGHIEM
Bai 1. Puong thang va mat phiang trong khong gian
Cho bon diém 4, B,C, D khong cung nam trong mot mat phang. Trén 4B, AD lan luot 1ay

cac diém M va N sao cho MNcat BD tai I .Diém I khong thudc mit phang nio sao day:
A. (4BD). B. (BCD). C. (CMN). D. (4CD).

Cho tir gidc 16i ABCD va diém S khong thude mp (ABCD). Cénhicu nhat bao nhiéu mit
phéng xac dinh bdi cac diém 4,B,C,D,S?

A. 5. B. 6. C. 8. D. 7.

Trong cac phat biéu sau, phat biéu nao 1a dung:

A. Qua ba diém khong thang hang c6 v6 s6 mit phang,

B. Qua hai diém c6 mot va chi mot miat phang.

C. Néu hai mit phang c6 mot diém chung thi chiing s& c6 v6 sé diém chung.

D. Trong khéng gian, mot duong thing va mot mat phang c6 t6i da mot diém chung.
Néu hai mt phing phan biét c6 diém chung thi tat ca nhitng diém chung cua ching s&
nam trén:

A. Mot duodng tron. B. Mot doan théng.

C. Mot dudng thing. D. Nam tuy .

Mot mat phéng duoc xac dinh néu biét:

A. Bbn diém khong thing hang. B. M6t diém va mot dudng thang.
C. Hai duong thing. D. Ba diém khong thing hang.

Cho mp(P), diém A thudc mp(P) va diém B khong thuoc mp (P). Dudng thang d di
qua hai diém 4 va B_Gitra d va (P) s& co:
A. Vo6 sb diém chung. B. Bung mot diém chung.

C. It nhit hai'diém chung. D. Nhiéu hon mét diém chung.
Cho hai mdt phang (P) va (Q)cét nhau theo giao tuyén d Trong (P) cho dudng thang

a,trong (Q) cho duong thang b. Gid sit anb=M, and =N, d nb=K. Phat biéu nao

sau day la dung:

A.Badiém M,N,K thang hang. B. Badiém M,N,K trung nhau.
C.Badiém M,N,K 12p thanh tam giac can. D. Ba diém M,N,K 1ap thanh tam giadc
vuong.

Trong khong gian cho mit phing (P) va ba diém khong thing hang 4,B,C khong ndm
trong(P). Goi M,N,K lan luot 13 giao diém cta cac duong thang 4B, AC,BC véi mit
phang (P). Khing dinh nao sau day 1a dung.

A.Badiém M,N,K théng hang. B. Ba diém M,N.K trung nhau.
C.Badiém M,N,K lap tam giac can. D. Badiém M ,N,K lap tam gidc vuong.
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau l:

Cau 2:

Cau 3:

Hinh tr dién c6:

A. Bén canh B. Nam canh C. Sau canh D. Bay canh
: Cho hinh tr dién 4BCD Khang dinh nio sau day 1a ding?
A. 4B va CD cit nhau. B. Bén diém 4, B,C,D khong ddng phing.
C.Bébn diém 4,B,C,D théng hang. D. AC va BD cit nhau.
Cac mat cua hinh tir dién la:
A. Tt giac B. Tam giac C. Hinh binh hanh  D. Hinh vuong
Hinh chop tr giac 1a hinh chép c6:
A. Mit bén 1a tr giac B. Tét ca cic mit 1a ttr giac
C. Mt day 1a tir giac D. B6n mit 1a tr giac
Cho hinh chép S.4BCD Giao tuyén cua hai mit phang (S4B) va (SBC) la duong thang:
A. S4 B. SB C. SB D. AC

Cho hinh chép S.4BCD. Goi O 1a giao diém cua AC va BD. Giaotuyén cta hai mat
phang (540) va (SBD) la dudng thiang:
A. S4. B. SB. C. BD. D. SO.

Bai 2. Hai dwong thang song song trong khéng gian
Trong cac m¢nh dé sau, ménh dé nao Dung?
A. mot duong thing cét hai duong thiang cho trude thi ca ba duong thing d6 cing nim
trong mot mit phang.
B. mot dudng thing cat 2 dudng thang catnhau trirde thi ca 3 dudng thing d6 cing nam
trong mot mit phang.
C. Mot dudng thang cét 2 duong thing cit nhau'tai 2 diém phén biét thi ca 3 duong thang
d6 dong phang.
D. Mot duong thang cat 2 duong thang chéo nhau thi 3 duong thang d6 déng phang.
Trong cac ménh dé sau, ménh d@é nao ding?
A. Hai duong thang khong cét nhauva khong song song thi chéo nhau.
B. Hai duong thang khong song song thi chéo nhau.
C. Hai duodng thing khéng co-diém chung thi chéo nhau.
D. Hai duong thang chéo nhau thi khéng c6 diém chung.
Trong cac m¢nh dé sau, ménh dé nao sai ?
A. Qua hai duong thang song song, ludn xac dinh duoc duy nhat mot mat phang.
B. Néu hai-mit phang c6 1 diém chung thi ching c6 v6 sb diém chung.
C. Ton tai 4 diém khong ddng phang.
D.Qua 3 diém luén xac dinh duy nhat mot mit phang.
Trong cac'ménh dé sau, ménh dé nao Pung?
A. Ba duodng thing cit nhau timg do6i mot thi dong quy.
B. Ba dudng thang cat nhau tirng d6i mot thi dong phang.
C. Ba duong thang cit nhau tirng d6i mot va khong dong phang thi dong quy.
D. Ba dudng thing dong quy thi déng phéng.
Cho hinh chép S.ABCD c6 d4y 1a hinh binh hanh. Giao tuyén cta (S4B) va (SCD) la:
A. Puong thang qua S va song song v6i CD.
B. Duong thang qua S va song song véi AD.
C. buong SO véi O la tam hinh binh hanh.
D. Duong thang qua S va cit AB.
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Cau 6:

Cau7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau l:

Cho hinh chép S.ABCD c6 day 1a hinh thang, 4B || CD . Goi 1,J lan lugt 12 trung diém ca
AD va BC, G 1a trong tm tAm gidc SAB. Giao tuyén cia (S4B) va (IJG) 1a
A. SC. B. Duong théng qua Sva song song vo1 AB
C. buong thing qua G va song song vdi CD .D. Pudng thing qua G va cit BC.
Trong cac ménh dé sau, ménh de nao dung? ]
A. Hai duong thgng lan luot nan} trén hai mdt phang phan biét thi chéo nhau.
B. Hai duong thang khong c6 diém chung thi chéo nhau.
C. Hai duong thang ch¢o nhau thi khong c6 diém chung.
D. Hai duong thang phan biét khong song song thi chéo nhau. ‘
Trong khong gian cho cdc duong thdng a, b, ¢ phan biét. Trong cac ménh dé sau day,
ménh dé nao sai ?
A.Néu a va b cing song song voi ¢ thi song song v6i nhau.
B. N@;u a//b thi c6 duy nhét mot mit phang chracd a va b.
C. Né€u a, b, ¢ d61 mdt cat nhau thi chung dong phéang.
D. Néu a, b, ¢ d6ng phang, a song song voi b va ¢ cit b thi ¢ cata.
Cho 2 dudng thing song song a va b . Trong cac ménh désau, ménh dé nao sai?
A. Néu mit phang (P) cit a thi ciing cét b.
B. Néu mit phang (P) song song v6i a thi cling song songvéi b.
C. Néu mit phing (P) song song v6i a thi mit phang (P) hodc song song véi b hodc
mit phang (P)chta b.
D. Néu mit phing (P) chira dudng thing « thicling c6 thé chira duong thing b.
Cho tr dién ABCD. Goi G va E lan luot 1a trong tam cua tam giac ABD va ABC. Ménh
dé nao dudi day dung:
A. GE va CD chéo nhau. B. GE//CD.
C. GE cit AD. D. GE cit CD.
Vi gia thiét: t& dién ABCD. Goi M, N, P, O,R,S lan luot 1a trung diém cua céc canh
AB, BC, CD, DA, AC va BD. Hiy cho biét trong cic ménh dé sau, ménh dé nao ding?
A. Ba duong thang MO, R4, NP d6i mot song song.
B. Ba dudng thang MP, R4, NO dong quy.
C. Ba duong thang NQ, SP, RS dong phang.
D. Ca 3 ménh dé trén déu sai.
Cho 2 mit phang (P)va (Q) cit nhau theo giao tuyén A. Hai duong thing p va ¢ lan
luot ndm trong (P)va (Q).Trong cac ménh dé sau, ménh dé nao ding?
A. P va ¢ cét nhau. B. p va g chéo nhau.
C. p vaq song song. D. Ca 3 ménh dé trén déu sai.
Cho hinh chép S.ABCD c6 day ABCD 1a mét tir giac ( ABkhong song song véi CD). Goi
M1a trung diém cua SD, N 1a diém nam trén canh SB sao cho SN =2NB, O 1a giao
diém cua AC va BD. Cip dudng thing nao sau ddy cét nhau:
A. SO va AD B. MN va SO. C. MN va SC. D. $4 va BC.
‘ Bai 3. Duong thflng va mit phang song song
ChQn,ménh de dung trong cac ménh dé sau ’
A. Néu hai duong thang khong song song thi cat nhau.
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Cau 2:

Cau 4:

Caus:

Cau 9:

Cau 10:

Cau 11:

B. Néu hai duong thang khong co diém chung thi chéo nhau.

C. Néu duong thang va mat phang khong c¢6 di€ém chung thi ching song song v6i nhau.
D. Hai duong thang song song néu chung khong co diém chung.

Cho tor dién ABCD, qG la trong tdim A4BDva M l1a diém trén canh BC, sao cho
BM =2MC . Duong thang MG song song voi mp :

A. (4BD). B. (4BC). C. (4CD). D. (BCD).

Cho tir dién ABCD vaba diém P, O, R 1an luot ndm trén canh 4B, CD, BC; biét PR//AC
. X4c dinh giao tuyén cta hai mét phang (POR)va (ACD)la:

A. Ox//AC. B. Ox//AB. C. Ox//BC. D. Ox//CD.

Cho t dién ABCD. Goi M, N lan luot 1a trung diém cac canh 4B va AC. Goi dla giao
tuyén ctia hai mit phang (DMN)va (DBC). Xét vi tri twong dbi cta d va (4BC)la:

A. d//(A4BC). B. d khong song song (ABC).

C. d c(4BC). D. d cit (4BC).

Cho hinh chép S.4BCDc6 day 1a hinh binh hanh. Goi M, N lan luot 13 trung diém cia
SA va AB .Khing dinh nao sau day ding?

A. MN//(S4B). B. MN//BD C. MN//(SBC) _ D. MN cit BC.

Cho cac ménh dé:.
1. a//b,pc(P)=al/(P).
2. al (P),)Y(Q)oa:(Q)N(P)=b=b//a.
3. Néu hai mit phing cit nhau cing song song voi mot duong thang thi giao tuyén cua
chung (néu co) ciing song song voi duong thang do.
4.Néu a, b 1 hai duong thing chéo nhau thi c6 vo sé mit phang chita ¢ va song song
Vol b.
S6 ménh dé dung la:
A. 3. B. 1. C.2. D. 4.
Cho hai dudng thing a va b-chéo nhau. C6 bao nhiéu mit phang chtra « va song song
voi b?
A. 2. B. Khong c6 mit phing nao.
C. V6 s0. D. 1.
Néu hai mit phang phan biét cing song song véi mot duong thang thi giao tuyén cua
chung (néu.cd) sé&:
A. cit duong thang do. B. tring v&i dudng thang do.
C.song song véi duong thang do. C. chéo v6i dudng thing do.
Cho hinh ¢hép S.4BC. Goi M,N lan luot 1a trung diém cta 2 canh S4 va SB. Khang
dinh nao sau day dung?
A. MN//AC. B. MN //(ABC). C. MN//BC. D. MN//SC.
Tim ménh dé dung trong cic ménh dé sau:
A. Mit phéng hoan toan xé4c dinh khi n6 di qua 3 diém.
B. Mit phang hoan toan xac dinh khi biét hai duong thang cit nhau nam trong no.
C. Néu hai dudng thing phan biét ciing song song véi mot mit phiang thi song song voi
nhau.
D. Hai duong thang phan biét lan lugt thudc hai mat phang khac nhau thi chéo nhau.
Tim khing dinh dung:
A. Hai duong thiang cung song song véi mot mit phing thi song song v6i nhau.
B. Hai duong thang cung song song véi mot miat phang thi chéo nhau.
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Cau l:

Cau 2:

Cau 3:

C. Hai dudng thing cing song song v6i mot mit phang thi tring nhau.
D. Hai duong thing cling song song v6i mot mit phang c6 thé chéo nhau, song song, cit
nhau hodc trung nhau.

Bai 4. Hai mit phing song song
Khing dinh nao sau ddy la khang dinh dung?
A. Hai mit phang phan biét khong song song thi cat nhau.
B. Néu hai mit phing (P) va (Q) lan lugt chira hai duong thang song song thi song song
v6i1 nhau
C. Hai mit phang cung song song voi mot duong thang thi song song voi nhau;
D. Néu hai mit phang song song thi moi duong thang nam trén mit phang nay déu song
song voi moi duong thang nam trén mit phing kia
Trong cac ménh dé sau, ménh dé nao sai?
A. Hai mit phang phan biét cung song song voi mot mat phang thi song song voi nhau.
B. Néu mot duong thing cit mot trong hai mit phang song song thino cit mat phing con
lai.
C. Néu mot mat phang cat mot trong hai mat phang song song thi né cat mit phang con
lai.
D. Néu mot dudng thing song song véi mot trong hai mit phang song song thi n6 song
song v&i mat phang con lai.
Cho hai hinh binh hanh ABCD va ABEF nim trong 2 mit phiang phan biét. Két qua nao
sau day la dung?
A. 4AD//(BEF). B. (AFD)//(BEC). C.(4BD)//(EFC). D. EC//(ABF).
Cho hinh chép S.ABCD ¢ day 1a mot hinh binh-hanh. Goi 4',B’,C",D’ lan luot 1a trung
diém cua cic canh S4,SB,SC,SD . Tim ménh dé ding trong cac m¢nh dé sau:
A. A'B'||(S4D). B. A'C'||(SBD).. C.(A4'C'D')||(4BC).D. A'C'||BD.
Tim ménh dé ding trong cic ménh d¢ sau day:
A. Néu hai mat phang (P) va (Q) song song v6i nhau thi moi dudng thang nam trong mat
phiang (P) déu song song véi mat phang (Q).
B. Néu hai mit phang (P).va (Q) song song v&i nhau thi moi duong thang nam trong mat
phing (P) déu song song v4i moi dudng thing ndm trong mit phang (Q).
C. Néu hai duong thang song song voi nhau lan luot nam trong hai mat phang phan biét
(P) va (Q).thi (P) va (Q) song song v4i nhau.
D. Qua mét diém nam ngoai mit phang cho trudc ta vé duoc mot va chi mot duong thang
song song voi mat phang cho trudc do.
Hay chon cau sai:
A. Néu mit phing (P) chira hai dudng thing cing song song véi mit phing (Q) thi (P) va
(Q) song song v&i nhau.
B. Néu hai mat phang (P)va (Q) song song nhau thi mit phang (R) da cat (P)déu phai cat
(Q)va cac giao tuyén cta chiing song song nhau.
C. Néu hai mit phéng song song thi moi duong thang nim trén mit phiang nay déu song
song v6i mit phing kia.
D. Néu mot duong thang cat mot trong hai mit phang song song thi s& cat mit phang con
lai.
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Cau7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cho mét duong thiang a song song v4i mit phang (P) C6 bao nhiéu mat phang chta a
va song song voi (P) ?

Al B.2. C.0. D. c6 6 s0.
Trong khéng gian cho dudng thing a c(a), b (B) va (a)(p). Két qua nao sau day

ding?
A. allb. B. a chéo b. q
C.aqcatb. D. a, b khong c6 diém chung.

Khing dinh nao sau ddy sai?
A. Qua mdt diém nam ngoai mat phang cho trudc, cd vo sd dudng thang di qua va song
song v6i mat phang do.
B. Néu hai duong thang phan biét cing song song v6i mot mit phang thi song song voi
nhau.
C. Cho hai mit phang song song, néu c6 mot duong thang cat mat phang nay thi cat mat
phang kia.
D. Bon diém khong dong phang xac dinh duge mot tir dién.
Khang dinh nao sau day 1a khang dinh sai?
A. Hinh lang try c6 hai mit ddy bang nhau.
B. Hinh lang try c6 cac mat bén 1a hinh binh hanh.
C. Hinh hop 12 hinh lang tru c¢6 day 1a hinh binh hanh.
D. Hinh lang try c6 cac mat bén bang nhau.
Cho hinh hép ABCD.A'B'C'D’ . Mit phang (4B°D’) song song véi mit phang nio trong
cac mit phing sau day?
A. (Bca'). B. (BC'D). C. (4'C'C). D. (BD4').
Tim ménh dé Sai trong cac ménh dé sau day:
A. Néu hai mit phang c6 mot diém chung thi con ¢ vo s6 diém chung khac nira.
B. Néu hai mit phing phan biét cung song song v6i mot mit phang thir ba thi ching song
song v&i nhau.
C. Néu hai duong thang phan biét ciing song song v&i mot mit phang thi song song véi
nhau.
D. Néu mét duong thang cit mot trong hai mit phang song song véi nhau thi s& cit mat
phang con lai.
Tim ménh dé Puing trong cdc ménh dé sau:
A. Néu hai mit phang (a) va (3) song song v6i nhau thi moi dudng thang nam trong ()
déu'song song véi (3).
B. Néu hai mit phang («) va (3) song song véi nhau thi moi duong thang nam trong (a)
déu song song v6i moi duong thang nam trong (3).
C. Néu hai duong thang song song voi nhau lan luot nam trong hai mat phang phan biét
(a) va (B) thi (a)va (3) song song vdi nhau.
D. Qua mot diém ndm ngoai mit phang cho trude ta s& duge mot va chi mot duong thing
song song v&i mit phang cho trude do.
Khing dinh nao sau ddy la khang dinh sai?
A. Hinh ling try c6 hai mit day 1a hai da giac bang nhau.
B. Hinh lang try c6 cac médt bén 1a hinh binh hanh.
C. Hinh hop 1a hinh lang tru c6 day la hinh binh hanh.
D. Hinh lang try c6 cac mit bén 1a cac da giac bang nhau.
Trong cac ménh dé sau, ménh dé nao ding?
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Cau 16:

Caul7:

Cau 18:

Cau 19:

Cau 20:

Bai 1:

Bai 2:

Bai 3:

A. Hai mat phéng phan biét cung song song véi mot duong thang thi song song véi nhau.
B. Hai mat phang clng song song voi mit phang thir ba thi song song nhau.

C. Hai mit phang phan biét cung di qua hai duong thang song song thi song song véi
nhau.

D. Hai mit phang phan biét ciing song song v&i mit phiang tht ba thi song song véi nhau.
Cho ling tru ABC.A'B'C'. Goi D’ 1a trung diém cua 4'B’ khi d6 CB' song song vi:

A. 4D B. CD. C. AC. D. (AC'D").

Tim ménh dé sai trong cac ménh dé sau day: 7

A. Néu hai mat phang phan biét cung song song véi mot mat phang thir ba thi ching song
song voi nhau. 7 o

B. N€u hai mat phang c6 mot diém chung thi chiing con ¢6 v6 s6 di€ém chung khac nira.
C. Néu mot duong thang cat mdt trong hai mat phang song song véi nhau thi s€ cat mat
phang con lai. 7 i

D. Néu hai duong thang phéan biét cung song song vo1 mot mat phang thi chiing song song
v6i1 nhau.

Cho hai mat phang(P) va (Q) song song v6i nhau. Ménh dé nao sau day sai:
A.dc(P)vad c(Q)thid//d'.

B. Moi duong thing di qua diém A e (P) va song song véi (0) déu ndm trong (P).

C. Néu duong thang a = (Q) thi a//(P).

D. Néu dudng thang A cit (P) thi A ciing cat (P).

Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 1a
trung diém cua SA va SD. Trong cac khang dinh sau, khang dinh nao sai?

A. OM//SC. B. (OMN)//(SBC).

C. MN//(SBC). D. ON va CB cit nhau.

Hay chon cau sai:

A.Néu mat phang (P) chita hai duong thang cling song song véi mat phang (Q) thi (P)
va (Q)song song v6i nhau.

B. Néu hai mat phéng song song thi moi duong thang nam trén mit phang nay déu song
song v&1 mat phang kia.

C. Néu hai mat phang (P)va (Q)song song nhau thi mat phang (R)da cat (P)deu phai
ct (Q)va cic giao tuyén ciia ching song song nhau.

D. Néumot duong thing cit mot trong hai mit phing song song thi s& cit mit phang con
lai.

B. TU LUAN 7
Cho hinh chop S.ABCD, ddy ABCD la tir giac 16i. Goi M 1a trung diém cta S4 . Tim
giao tuyén clia mit phing (MBC) véi cac mit phing (ABCD) va (SAB).
Cho tam gidc 4BC,S 1a mot diém khong thudc mat phang (A4BC). Goi M,N lan luot la
trung diém cta 4B va AC. Tim giao tuyén ctia hai mdt phang (SCM ) va (SAN).
Cho hinh chop S.ABCD, ddy ABCD 1a hinh binh hanh. Goi I 1a giao diém cia AC va
BD, M latrung diém caa B/ . Tim giao tuyén ctia hai mt phang (SAM ) va (SBC).
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Bai 4:

Bai 5:

Bai 6:

Bai 7:

Bai 8:

Bai 9:

Bai 10:

Bai 11:

Bai 12:

Bai 13:

Bai 14:

Bai 15:

Cho hinh chép S.4BCD, day ABCD 1a hinh thang(4D//BC, AD > BC). Goi M 1a trung
diém ctia S4. Tim giao tuyén ciia hai mit phang (MCD) va (SBC).

Cho hinh chop S.4BCD, day ABCD 1a hinh binh hanh tam O. Goi M,N,P lan luot 1a
trung diém cia BC,0C, 84 . Tim giao tuyén ciia hai mit phang (SCD) va (MNP).

Cho hinh chop S.4BC. Trén canh S4 va SC ldy M va N sao cho duong thang MN cit
AC tai I. Diémﬁ P thudc canh 4B .

Xéc dinh giao diém cua:

a) Puong thang MN va mit phang (SBC).

b) Duong thang PIva mit phang (S4B).

Cho hinh chop S.4BCD c6 day ABCD la hinh binh hanh tam O. Goi M Ia trung diém
cua SA.Xéc dinh giao diém cua

a) Pudng thang BD va mit phang (SAC).

b) Puong thang DM va mit phang (S4B).

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi Mtrung diém cua 4D, G
la trong tam tam giac SAB.

a) Xéc dinh giao diém cua (M véi mit phing (S4B)

b) Xac dinh giao tuyén hai mit phang (S4B) va(SCM).

¢) X4c dinh giao tuyén hai mit phing (GCM) va (SBC).

Cho tir dién ABCD. Trén AC,AD lan luot ldy cac diém M,Nsao cho MN khong song
song v6i CD . Goi O 1a diém thudc'mién trong tam giac BCD. Tim giao diém cua

a) Dudng thing BD va mit phing (OMN).

b) Puong thang BC va mit phang (OMN).

Cho hinh chép S.4BC c6 hai diém M, N 1an lugt thudc hai canh S4,SB va Ola diém nim
trong tam giac ABC . Xac dinh giao diém cia

a) Pudng thang 4B va mit phang (SOC).

b) Puong thiang MN vamit phang (SOC).

c) Pudng thang SO-va mit phang (CMN)

Cho hinh chépS.4BCD c6 day ABCD 1a hinh binh hanh tim O. M 1 trung diém cua SC
, Nlatrung diém ciia OB .Tim giao diém cua duong thang SD va mp (AMN).

Cho tir dién ABCD.Goi M, N theo tht tu 1a trung diém cta 4B, BC; O 1a mot diém nam
trén canh AD va P 1a giao diém ctia CD véi mit phang (MNQ).

Chtimng minh: PQ//MN //CD .

Cho hinh chop S.4BCD c¢6 day la hinh thang véi canh day la 4B;CD (4B > CD). Goi
M, N lan luot 1a trung diém cua S4,SB. Ching minh: MN//CD.

Cho ttr dién ABCD c6 I va J lan luot la trong tam cac tam giac ABC va ABD.

Chting minh: 1J//CD. ‘ ‘ q

Cho hinh chop S.ABCD c6 day la mét tir giac 10i. Goi M, N,J 1a luot 1a trung diém ctia
SD, AB,CD va goi G,K lan luot 14 trong tAm tam gidc SAB, ABC .

Chung minh: GK//MJ .
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Bai 16:

Bai 17:

Bai 18:

Bai 19:

Bai 20:

Bai 21:

Bai 22:

Bai 23:

Bai 24:

Bai 25:

Bai 26:

Bai 27:

Bai 28:

Cho t&r dién ABCD. Goi M, N lan luot 1a trung diém cua cac canh 4B va AC. Chung
minh rdng MN//(BCD).

Cho t&r dién ABCD v&i M, N lan luot 13 trong tdm céac tam giac ABD, ACD . Ching
minh rng: MN//(ABC).

Cho hinh chép S.4BCD véi day ABCD 1a hinh binh hanh. Goi ', G 1an luot 1a trung
diém céc céc canh $4 va BC. Chimg minh ring: FG//(SCD).

Cho hinh chép S.ABCD. Goi M, N lan luot la trung diém cua 4B va BC; G, G’ lan
luot 1a trong tdm cac tam giac SAB va SBC.

a) Chung minh MN//(SAC).

b) Chimg minh GG'//(S4C).

Cho hai hinh binh hanh 4BCD va ABEF khong cing nim trong mot mat phang c6 tim
lanlugtla Ova O'.

a) Chirng minh ring OO’ song song véi cdc mit phang (ADF) va(BCE).

b) Goi M, N lan luot 12 hai diém trén cac canh AE, BD sao cho AM = %AE , BN = %BD

Chumng minh rang MN song song v6i mit phing (CDEF).
Cho hinh choép S.ABCD c6 day ABCD la hinh binh hanh. Goi G 1a trong tam tam giac
SAB, I 13 trung diém cia AB va M 1a diém trén canh AD sao cho AM = %AD. Duong

thang di qua M va song song v6i AB cat (I tai-N . Chiing minh rdng MG//(SCD).
Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh thang, day 1on 1a AD théa man AD=2BC
Goi O la giao diém AC va BD;.G 1 trong tdm tam giac SCD. Chting minh rang
OG//(SBC).

Cho hinh chop S.ABCD cd-day ABCD la hinh thang, day 16n 1a AD théa AD=2BC . Goi
M 1a trung diém ctia SD . Chiing minh ring CM//(SAB).

Cho hinh chép S.ABCD ¢6 day ABCD 1a hinh binh hanh. Tim giao tuyén ciia hai mat
phéang (S4B) va(S€D).

Cho hinh chop S'4BCD c¢6 day 1a hinh thang véi cac canh day la AB va CD. Goi 1, J
1an luot 14 trung diém cua AD va BC, G 1a trong tAm cta tam gidc SAB . Tim giao tuyén
cuahai mat phing (S4B) va (LJG).

Cho tir dién ABCD. Goi G, va G, theo tht ty la trong tdm tam giac ABD va tam giac
ACD 'Tim giao tuyén ctia mit phang (4G,G,) v6i mit phiang (A4BC).

Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh binh hanh. Sx 1a giao tuyén ciia hai mat
phang (S4D) va (SBD). M, N lan luot la trung diém cua AB va DC. Ching minh MV
song song voi giao tuyén ciia hai mit phang (S4D) va (SBC).

Cl}o hinh chép S.ABCD ¢6 ABCD 14 hinh binh hanh tim O. Goi M, N 1an luot 14 trung
diém cua S$4 va SD.

a) Chung minh: (SBC)//(OMN).
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Bai 29:

Bai 30:

Bai 31:

Bai 32:

b) Goi P,0,R lan luot 13 trung diém cta AB,ON, SB. Ching minh PQ// (SBC) va
(OMR)//(SCD).

Cho hinh chép S.ABC ¢6 M, N, P lan luot 14 trung diém SA4, SB, SC.

a) Ching minh: (MNP)//(ABC).

b) Goi H,G,L lan luot 1a trong tam tam giac SAB, SAC, SBC.

Chiing minh: (HGL)//(MNP).

Cho hai hinh vuéng ABCD va ABEF & trong hai mit phang phan biét. Trén cac dudng
chéo AC va BFlan luot liy cac diém M, N sao cho AM =BN. Cac dudng thiang song
song v6i AB v&tir M, Nlan luot cit AD va AF'tai M' va N'. Chirng minh:
a)(ADF)//(BCE). b) (DEF)//(MMN'N).

Cho hinh hop 4ABCD.A'B'C'D'. Goi G, H, K lan luot 1a trong tdm edc tam gidc ABC,
BCD, 44D . Chitng minh rang (GHK)//(A'BCD).

Cho hinh ling try ABC.AB'C'. Goi M, N, P, O lan luot 1a trung diém cac canh 4C, A4,
A'C', BC. Chimg minh rang (MNQ)//(A'B'C).
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